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ABSTRACT
We propose an integer tone mapping operator (TMO) for high
dynamic range (HDR) images expressed in a floating-point
data format. Two purposes are achieved by the proposed
TMO. The first purpose is to implement a TMO with less
memory space. The second purpose is to give an important step to realize a fixed-point TMO. The proposed TMO
is available for HDR images in the OpenEXR format. The
OpenEXR format has two numerical representations (the normalized number and the denormalized number) which are not
in other HDR formats such as RGBE. These two numerical
representations cause a problem in applying an integer TMO.
The proposed method enables us to avoid the problem by
using the intermediate format. Moreover, the exponent part
and the mantissa part are processed separately as two integer
numbers. As a result, an integer TMO with less numerical
range is achieved by our method. The experimental results
show that the proposed method can generate high-quality low
dynamic range (LDR) images with less memory space.
Index Terms— high dynamic range, tone mapping,
OpenEXR, denormalized number, integer operation
1. INTRODUCTION
Recently, high dynamic range (HDR) images have been
spreading rapidly from the fields of photography and computer graphics, to the other fields such as medical imaging
and car-mounted camera. On the contrary, the next generation
display devices which can accept so wide range of dynamics
of pixel values in HDR images are not popular yet. Therefore, a tone mapping operation (TMO) is important to reduce
dynamic range of HDR images so that is can be treated with
conventional display devices.
So far, various investigations have been done on TMOs.
Most of those were concentrated on finding a tone mapping
function suitable for human visual system [1–9]. Recently,
some papers dealt with reducing communication cost combining with data compression technologies [10–12]. Unlike
those previous studies, this paper discusses on ’resources’ of
a TMO such as memory space or computational cost for light
implementation of tone mapping.

In general, it is important to reduce memory space and
computational cost in the image processing, including tone
mapping we are discussing here. Heavy demand for computation is continuously increasing, e.g. large variety of color
depth, huge size of images and resolution of displaying devices. Therefore, it is still necessary to consider how to implement signal processing under limited resources for economic
reason, even though faster machines appear in the future. Especially, a TMO requires heavy resources, since it is generally
composed of ’floating point’ operations for an HDR data format such as the RGBE [13] and the OpenEXR [14]. Our first
purpose is to implement a TMO with less memory space.
An integer TMO in [15] is a tone mapping process implemented in integer input and integer output for HDR images
in RGBE format. An integer TMO can reduce the numerical
range in calculations. This fact is important for realizing a
fixed-point TMO. Based on an integer TMO in [15], a fixedpoint TMO for HDR images in RGBE format is proposed
in [16]. The fixed-point arithmetic can be executed under
limited resources, such as processors without floating-point
number processing unit. Moreover, the fixed-point arithmetic
is often utilized in the image processing and the embedded
system because of the advantages such as the low power consumption, the small circuit size and the high-speed computing [17–19]. However, both integer TMO and fixed-point
TMO cannot be applied to HDR images in other HDR formats
except the RGBE format. Our second purpose is to construct
an integer TMO for the OpenEXR format as an important step
to realize a fixed-point TMO.
The small absolute values are treated as denormalized
numbers in the OpenEXR format. The denormalized numbers cause a significant damage to resulting low dynamic
range (LDR) images when an integer TMO is applied simply.
The propose integer TMO avoids this error by introducing of
the intermediate format. The experimental results show that
the proposed method can generate high-quality LDR images
with less memory space.
2. PREPARATION
In this section, we give outlines of a tone mapping operator
(TMO) and the OpenEXR format.

(a) OpenEXR

(b) Intermediate Format

Fig. 2. Bit Allocations.
Table 1. The Numerical Restrictions in The OpenEXR.
Denormalized Number
Normalized Number

Fig. 1. Photographic Tone Reproduction.

Range
0 , 2−24 ∼ 2−14
2−14 ∼ 65504

2.1. Tone Mapping Operator
Figure 1 shows “Photographic Tone Reproduction” which is
one of the well-known global TMOs [4]. Each process in
Fig.1 is described as below.

pressed as floating-point numbers are calculated by
𝐶(𝑝)
.
(6)
𝐶𝑓 (𝑝) = 𝐿𝑑 (𝑝) ⋅
𝐿𝑤 (𝑝)

(a) World Luminance
The input to a TMO for high dynamic range (HDR)
images are RGB values 𝐶(𝑝) ∈ {𝑅(𝑝), 𝐺(𝑝), 𝐵(𝑝)}
expressed in floating-point numbers. The world luminance 𝐿𝑤 (𝑝) of a pixel 𝑝 is calculated as

In addition, the 24-bit color RGB values 𝐶𝐼 (𝑝) ∈
{𝑅𝐼 (𝑝), 𝐺𝐼 (𝑝), 𝐵𝐼 (𝑝)} of the resulting LDR image are
generated as

𝐿𝑤 (𝑝) = 0.27𝑅(𝑝) + 0.67𝐺(𝑝) + 0.06𝐵(𝑝). (1)
(b) Geometric Mean
The geometric mean 𝐿𝑤 of the world luminance 𝐿𝑤 (𝑝)
is defined as
( ∑
)
(
)
1
𝐿𝑤 = exp
log𝑒 𝐿𝑤 (𝑝) ,
(2)
𝑁 𝑝
where 𝑁 is the total number of pixels in the input HDR
image. Note that Eq.(2) has singularity due to zero
value of 𝐿𝑤 (𝑝). It is avoided by introducing a small
value in [4]. However, its arbitrariness is not negligible for pixel values in a floating-point format, since its
pixel value is also small. Therefore, in this report, we
include nonzero values only in the geometric mean.
(c) Scaled Luminance
The scaled luminance 𝐿(𝑝) is calculated by
𝐿𝑤 (𝑝)
,
(3)
𝐿(𝑝) = 𝑘 ⋅
𝐿𝑤
where 𝑘 ∈ [0, 1] is a parameter called “key value.”
(d) Display Luminance
The display luminance 𝐿𝑑 (𝑝) is computed with a tone
mapping function y() as
𝐿𝑑 (𝑝) = 𝑦(𝐿(𝑝)).

(4)

The resulting low dynamic range (LDR) image is dependent on the selection of a tone mapping function
here. The Reinhard’s global operator [4] is specified as
𝐿(𝑝)
.
(5)
𝑦𝑅 (𝐿(𝑝)) =
1 + 𝐿(𝑝)
(e) LDR Image Generation
The RGB values 𝐶𝑓 (𝑝) ∈ {𝑅𝑓 (𝑝), 𝐺𝑓 (𝑝), 𝐵𝑓 (𝑝)} ex-

𝐶𝐼 (𝑝) = round(𝐶𝑓 (𝑝) ⋅ 255),

(7)

where round(𝑥) indicates rounding 𝑥 to the nearest integer value.
In the above procedure, although the resulting LDR image is
expressed in the integer data, the data in the middle of calculations are floating-point data with a large dynamic range.
2.2. OpenEXR Format
Figure 2(a) shows the bit allocation of the OpenEXR format [1, 14]. The OpenEXR format has the normalized numbers and the denormalized numbers. The range of the normalized numbers is restricted as shown in Table.1. The denormalized numbers can express the small absolute values
which cannot be expressed in the normalized numbers. As
a result, the OpenEXR format is required to use two different
encoding processes and decoding processes [1, 14]. In the decoding process for a normalized number, the relation among a
floating-point number 𝐹 ′ , the exponent part 𝐹𝐸′ and the man′
is given as
tissa part 𝐹𝑀
′

′
𝐹 ′ = (−1)𝑠𝑖𝑔𝑛 ⋅ (1 + 𝐹𝑀
⋅ 2−10 ) ⋅ 2𝐹𝐸 −15 .

(8)

In contrast, the relation for a denormalized number is described as
′
⋅ 2−10 ) ⋅ 2−14 .
𝐹 ′ = (−1)𝑠𝑖𝑔𝑛 ⋅ (𝐹𝑀

(9)

In order to generate composite functions for an integer TMO,
the unified encoding process and the unified decoding process are required as described later. For this reason, the preprocessing of rounding denormalized numbers to the minimum value which can be expressed as a normalized number
is needed. However, this rounding error causes a significant
loss in the visual quality of resulting LDR images. The proposed integer TMO will enable us to avoid this error.

Fig. 4. Generation of Composite Function.

Fig. 3. Proposed Integer TMO.
Note that only the case of positive values is taken into consideration in this paper. Although the OpenEXR format can
also express negative values, the impact of the negative values
is small since a pixel value is a positive value in general.

The proposed integer TMO converts RGB values 𝐶(𝑝)
expressed as the OpenEXR format into the intermediate format data specified in Fig.2(b) at the first stage. The exponent
part 𝐶𝐸 (𝑝) ∈ {𝑅𝐸 (𝑝), 𝐺𝐸 (𝑝), 𝐵𝐸 (𝑝)} and the mantissa part
𝐶𝑀 (𝑝) ∈ {𝑅𝑀 (𝑝), 𝐺𝑀 (𝑝), 𝐵𝑀 (𝑝)} are converted as
𝐶𝐸 (𝑝) = ⌈log2 𝐶(𝑝) + 128⌉,
136−𝐶𝐸

𝐶𝑀 (𝑝) = ⌊𝐶(𝑝) ⋅ 2

(13)

⌋.

(14)

Each process in Fig.3 is computed as follows.
3. PROPOSED INTEGER TMO
In this section, we consider an integer TMO for HDR images
in the OpenEXR format. The proposed integer TMO is summarized as shown in Fig.3.

(a’) World Luminance
The exponent part 𝐿𝑤𝐸 (𝑝) and the mantissa part
𝐿𝑤𝑀 (𝑝) of the world luminance 𝐿𝑤 (𝑝) are given as
𝐿𝑤𝐸 (𝑝) = ⌈log2 𝐿𝑤𝑡 (𝑝) − 8⌉,
−𝐿𝑤𝐸 (𝑝)

𝐿𝑤𝑀 (𝑝) = ⌊𝐿𝑤𝑡 (𝑝) ⋅ 2
3.1. Intermediate Format

(15)

⌋,

(16)

𝐿𝑤𝑡 (𝑝) = 0.27(𝑅𝑀 (𝑝) + 0.5) ⋅ 2𝑅𝐸 (𝑝) +

The intermediate format shown in Fig.2(b) is utilized to avoid
a significant damage due to the use of denormalized numbers.
Note that any denormalized numbers in the OpenEXR format
are included in the range of the intermediate format, although
they are not included in that of normalized numbers. In the intermediate format, the relation among a floating-point number
𝐹 , the exponent part 𝐹𝐸 and the mantissa part 𝐹𝑀 is defined
as
(10)
𝐹 = (𝐹𝑀 + 0.5) ⋅ 2𝐹𝐸 −136 .
The converse relation is given as
𝐹𝐸 = ⌈log2 𝐹 + 128⌉,
136−𝐹𝐸

𝐹𝑀 = ⌊𝐹 ⋅ 2

⌋,

(11)
(12)

where ⌈𝑥⌉ rounds 𝑥 up to the nearest integer, and ⌊𝑥⌋ rounds
𝑥 down to the nearest integer.
3.2. Integer TMO for OpenEXR
In this paper, the integer TMO is defined as the TMO which
is implemented in integer input and integer output. The integer TMO is realized by replacing each tone mapping process
with a new process as the composite function in Fig.4. In
the proposed integer TMO, the numerical range in the tone
mapping process can be significantly reduced because the exponent part and the mantissa part are separated as two integer
numbers.

0.67(𝐺𝑀 (𝑝) + 0.5) ⋅ 2𝐺𝐸 (𝑝) +
𝐵𝐸 (𝑝)

0.06(𝐵𝑀 (𝑝) + 0.5) ⋅ 2

(17)

,

where 𝐿𝑤𝑡 (𝑝) is calculated using only nonzero RGB
channels. 𝐿𝑤𝑡 (𝑝) is defined as zero value at the pixel
𝑝 in which the all RGB channels at 𝑝 have a value of
zero. Other values in subsequent calculations are set to
zero as well as in 𝐿𝑤𝑡 (𝑝).
(b’) Geometric Mean
The exponent part 𝐿𝑤𝐸 and the mantissa part 𝐿𝑤𝑀 of
the geometric mean 𝐿𝑤 are derived as
𝐿𝑤𝐸 = ⌈𝐿𝑤𝑡1 + 𝐿𝑤𝑡2 + 128⌉,

(18)

𝐿𝑤𝑀 = ⌈2𝐿𝑤𝑡1 +𝐿𝑤𝑡2 −𝐿𝑤𝐸 +136 ⌋,
1 ∑
𝐿𝑤𝑡1 =
log2 (𝐿𝑤𝑀 (𝑝) + 0.5),
𝑁 𝑝

(19)

𝐿𝑤𝑡2 =

1 ∑
(𝐿𝑤𝐸 (𝑝) − 136).
𝑁 𝑝

(20)

(21)

(c’) Scaled Luminance
The exponent part 𝐿𝐸 (𝑝) and the mantissa part 𝐿𝑀 (𝑝)
of the scaled luminance 𝐿(𝑝) is calculated by
𝐿𝐸 (𝑝) = ⌈log2 𝐿𝑡 (𝑝) + 𝐿𝑤𝐸 (𝑝) − 𝐿𝑤𝐸 + 128⌉, (22)
𝐿𝑀 (𝑝) = ⌊𝐿𝑡 (𝑝) ⋅ 2𝐿𝑤𝐸 (𝑝)−𝐿𝐸 (𝑝)−𝐿𝑤𝐸 +136 ⌋, (23)

𝐿𝑡 (𝑝) = 𝑘 ⋅

𝐿𝑤𝑀 (𝑝) + 0.5
.
𝐿𝑤𝑀 + 0.5

(24)

(d’) Display Luminance
The exponent part 𝐿𝑑𝐸 (𝑝) and mantissa part 𝐿𝑑𝑀 (𝑝) of
the display luminance 𝐿𝑑 (𝑝) is computed with a tone
mapping function. This process depends on the used
tone mapping function. When the function in Eq.(5) is
used, the equation is given as
𝐿𝑑𝐸 (𝑝) = ⌈log2 𝐿𝑑𝑡 (𝑝) + 128⌉,

(25)

136−𝐿𝑑𝐸 (𝑝)

(26)

𝐿𝑑𝑀 (𝑝) = ⌊𝐿𝑑𝑡 (𝑝) ⋅ 2

⌋,

𝐿𝑀 (𝑝) + 0.5
.
(27)
𝐿𝑀 (𝑝) + 0.5 + 2136−𝐿𝐸 (𝑝)
(e’) LDR Image Generation
The 24-bit color RGB values 𝐶𝐼 (𝑝) of the resulting
LDR image are obtained by
𝐿𝑑𝑡 (𝑝) =

𝐶𝐼 (𝑝) =
round{𝐶𝐼𝑡 (𝑝)⋅2𝐶𝐸 (𝑝)+𝐿𝑑𝐸 (𝑝)−𝐿𝑤𝐸 (𝑝)−136⋅255}, (28)
𝐶𝐼𝑡 (𝑝) =

(𝐿𝑑𝑀 (𝑝) + 0.5)(𝐶𝑀 (𝑝) + 0.5)
.
𝐿𝑤𝑀 (𝑝) + 0.5

(29)

In the above procedure, all input and output of tone mapping
process can be realized as two integers corresponding to the
exponent part and the mantissa part of each data.
Two kinds of errors arise due to the use of the proposed
integer TMO with the intermediate format. The first error
arises in the format conversion from OpenEXR format. The
second error is attributed to rounding calculation results to
two integers. The following section shows that these errors
are too small to affect the subjective visual quality.
4. EXPERIMENTAL RESULTS
Two integer TMOs, one utilizes the OpenEXR format directly and the other utilizes the intermediate format, have
been considered in this paper. In this section, it is shown
that the integer TMO with intermediate format offers highquality LDR images equivalent to the results by the conventional method [4] with floating-point numbers. The 42 HDR
images in the OpenEXR format was utilized in our experiment. All floating-point values were computed and stored in
the double-precision floating-point format. The Reinhard’s
global operator [4] in Eq.(5) was used as an example of tone
mapping functions. Moreover, the memory space comparison
between the integer TMO with the intermediate format and
conventional method was also performed.
4.1. PSNR Result
The integer TMO without the intermediate format and the integer TMO with it were compared. Table.2 shows the peak
signal-to-noise ratio (PSNR) results and the maximum error
of RGB pixel values. The PSNR between the LDR image

Table 2. PSNR and Pixel Values Error.
Minimum PSNR [dB]
Maximum pixel values error

without
Intermediate
33.8
47

with
Intermediate
49.0
3

Table 3. MEMORY SPACE.
Data
HDR RGB Values
World Luminance
Geometric Mean
Scaled Luminance
Display Luminance
LDR RGB Values

Conventional
192 bit/pixel
64 bit/pixel
64 bit
64 bit/pixel
64 bit/pixel
24 bit/pixel

Proposed
48 bit/pixel
16 bit/pixel
16 bit
16 bit/pixel
16 bit/pixel
24 bit/pixel

generated by the two integer TMOs and that generated by
the conventional method was evaluated. The minimum PSNR
with the intermediate format is 49.0 dB, and it shows the better result than 33.8 dB attributed to the directly use of the
OpenEXR format. The maximum error of RGB pixel values
with the intermediate format also shows the sharply better result. The rounding errors of denormalized numbers in the
OpenEXR format worsens the quality of resulting LDR images. In contrast, since rounding the denormalized numbers is
not necessary, the integer TMO with the intermediate format
can generate high-quality LDR images from all input HDR
images. Note that the intermediate format assigns fewer bits
to the mantissa part than the OpenEXR format even though it
can express the larger numerical range.
4.2. Comparison of Memory Space
Table.3 shows the memory space in each of the conventional
method with floating-point numbers and the proposed integer TMO with the intermediate format. It indicates that
the proposed integer TMO significantly reduces memory resources comparing to the conventional method. The memory
resources to store data are reduced from 192 to 48 bit/pixel
(25 %) at maximum by the proposed integer TMO.
5. CONCLUSION
In this paper, we proposed an integer TMO which is implemented in integer input and integer output for HDR images
in the OpenEXR format. The integer TMO processes the exponent part and the mantissa part separately as two integer
numbers; therefore, the numerical range in the tone mapping
process is greatly reduced. The intermediate format enables
us to avoid a significant damage due to the use of denormalized numbers in the OpenEXR format. As a result, it was
confirmed that the integer TMO with the intermediate format
offers high-quality LDR images equivalent to the results by
the conventional method with floating-point numbers. It was
also verified that the memory space are reduced to from 192
to 48 bit/pixel at maximum by the proposed integer TMO.
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