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Abstract—This paper proposes a fixed-point local tone mapping operation (TMO) for high dynamic range (HDR) images.
A TMO is classified in two types: local and global. Although
a local TMO offers better results than global one, it requires
more resources such as a computational cost and memory space.
The proposed method uses fixed-point arithmetic with short data
to solve this problem. The method uses an intermediate format
which is composed of 8-bit mantissa part and 8-bit exponent part
instead of IEEE754 standard floating-point format. Moreover,
these mantissa part and exponent part are processed separately as
two integer numbers. As a result, the method reduces the memory
space. In addition, the method also reduces numerical range of
calculations; it facilitates to implement the method with fixedpoint arithmetic. The experimental results show that the method
reduces the memory and computational costs, and offers high
quality of tone mapped images comparable to the conventional
method.

I. I NTRODUCTION
High dynamic range (HDR) images are increasingly being
used in many fields: photography, computer graphics, medical
imaging, and others. In contrast, display devices which can
express the pixel values of HDR images are not popular yet.
Therefore, the importance of a tone mapping operation (TMO)
which generates a low dynamic range (LDR) image from an
HDR image is growing.
Various research works on tone mapping have so far been
done [1]–[7]. Many of these focus on compression techniques
or quality of tone mapped images. Most of those were
concentrated on finding a tone mapping function suitable
for human visual systems [1]–[4]. Recently, some papers
dealt with reducing communication cost combining with data
compression technologies [5]–[7]. Unlike these previous research works, this paper focuses on “resources” of a TMO
such as a computational cost and memory space for easy
implementation.
There are two types of TMOs: global operators and local
operators. The former use the same tone mapping function for
all pixels in the HDR image. On the other hand, the latter try
to find optimal function for each pixel. They have advantages
in terms of contrast preservation compared with the former.
However, local TMOs require more resources than global ones.
To reduce resources of a TMO, an integer TMO approach
which deals with resource reduction is proposed in [8]–[12].
The method in [8], [9] treats a floating-point number as two
8-bit integer numbers which correspond to a exponent part
and a mantissa part, and applies tone mapping to these integer
numbers separately. The method reduces the memory space
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by using two 8-bit integer data instead of 64-bit floatingpoint data such as IEEE754 [13]. Moreover, using 8-bit
integer data facilitates executing calculations with fixed-point
arithmetic because it eases the limitation of the bit length.
Fixed-point arithmetic is often utilized in image processing
and embedded systems because of the advantages such as
low-power consumption, the small circuit size and high-speed
computing [14]–[16]. The method in [10]–[12] implements
the integer TMO with fixed-point arithmetic, and therefore
it reduces the computational cost as well. However, these
methods are all global TMOs.
On the other hand, fast local TMOs are proposed in [17],
[18]. These methods utilize parallel processing for highspeed computing. The method in [17] replaces a Gaussian
filter with a box filter to reduce a computational cost during
convolution. However, these are for graphics processing unit
(GPU) implementation. In other words, these are not for lowmemory or fixed-point implementation.
This paper solves these problem by extending an integer
TMO for local operators. The proposed method processes
the exponent part and the mantissa part separately in a local
TMO including the convolution. Moreover, the method can
conduct all the calculations of the TMO with only fixed-point
arithmetic. By these features, the method can be executed
under limited resources, such as processors without a FPU
or low-memory. The experiments and evaluation confirmed
that the proposed method reduces the computational cost and
the memory cost, and keeps the quality of tone mapped
images, compared to the conventional method with floatingpoint arithmetic.
II. T ONE M APPING O PERATION
The procedure of a TMO is described in this section. It generates an integer LDR image from a floating-point HDR image. This section describes “Photographic Tone Reproduction”
which is one of well-known tone mapping procedures [1]. In
this section, the global operator is described at first. Then, the
difference between the global and the local is described.
A. Global Operator
(a) World Luminance
First, it calculates the world luminance Lw (x, y) of each pixel
x, y as
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Lw (x, y) = 0.27R(x, y) + 0.67G(x, y) + 0.06B(x, y),

(1)
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where R(x, y), G(x, y), and B(x, y) are floating-point RGB
values of the input HDR image.
(b) Geometric Mean
The geometric mean L̄w of the world luminance Lw (x, y) is
defined as
(
)
M −1 N −1
1 ∑ ∑
L̄w = exp
loge (Lw (x, y)) ,
(2)
M N x=0 y=0
where M and N are the width and the height of the input
HDR image, respectively. Note that Eq. (2) has singularity
due to zero value of Lw (x, y). It is avoided by introducing a
small value in [1]. However, its arbitrariness is not negligible
for pixel values in a floating-point format, since its pixel value
is also small. Therefore, only non-zero values are included
in the geometric mean in this paper.

Lw (x, y)
,
L̄w

|W (x, y, sm )| < ϵ,

(d) Display Luminance
Then, display luminance Ld (x, y) is computed with a tone
mapping function y() as

W (x, y, si ) =

L(x, y)
.
1 + L(x, y)

(4)

C(x, y)
,
Lw (x, y)

(5)

(6)

where C(x, y) ∈ {R(x, y), G(x, y), B(x, y)} are the
floating-point RGB values of input HDR image.
Finally, the 24-bit color integer RGB values CI (x, y) ∈
{RI (x, y), GI (x, y), BI (x, y)} of the resulting LDR image
are generated as
CI (x, y) = round (CF (x, y) · 255) ,

(10)

L(x, y)
.
1 + V (x, y, sm )

(11)

As described above, the global operator uses the same
function for all pixel. On the other hand, the local one tries
to find the optimal function for each pixel. Because of this,
although it gives better result than the global one, more
resources are required.
III. P ROPOSED M ETHOD

(e) LDR Image Generation
The values CF (x, y) ∈ {RF (x, y), GF (x, y), BF (x, y) }
which are floating-point RGB pixels calculated by
CF (x, y) = Ld (x, y) ·

V (x, y, si ) − V (x, y, si+1 )
.
2ϕ α/s2 + V (x, y, si )

yLocal (L(x, y)) =

where Reinhard’s global operator [1] is specified as
yGlobal (L(x, y)) =

(9)

where

(3)

where α ∈ [0, 1] is a parameter called “key value.”

Ld (x, y) = y(L(x, y)),

where ⊗ is the convolution operator. The method finds the
largest scale sm which satisfies the following condition

The parameter ϕ is a sharpening factor. In [1], ϕ = 8 and
ϵ = 0.05 are used as default values.
The local operator is finally defined as

(c) Scaled Luminance
Next, the scaled luminance L(x, y) is calculated as
L(x, y) = α ·

Fig. 1. The bit allocation of the proposed intermediate format.

In this section, the proposed intermediate format utilized in
the method is described at first. Then, the integer TMO for
local operators is described.
A. Intermediate Format
An input HDR image is converted to the intermediate format
(Figure 1) at the first step of the proposed method. The proposed method can be applied for various HDR image formats
by converting the input image to the intermediate format. This
format can be applied for the RGBE [19], the OpenEXR [20]
and the long-integer formats [11], [12]. Figure 1 shows the bit
allocation of the intermediate format. The encode functions
which yield the exponent part IE and the mantissa part IM of
each RGB channel I are defined as
IE = ⌈log2 I + 128⌉ ,
⌊
⌋
IM = I · 2136−IE ,

(7)

where round(x) rounds x to the nearest integer value.

(12)
(13)

where ⌈x⌉ rounds x to the nearest integer greater than or equal
to x, and ⌊x⌋ rounds x to the nearest integer less than or equal
to x. On the other hand, the decode function which yields the
original RGB value from the intermediate format is defined as

B. Local Operator
The local operator is obtained by replacing L(x, y) in the
denominator of Eq. (5) to V (x, y, s) which is derived from
L(x, y) and the Gaussian filter G(x, y, s) with various scale s
as
V (x, y, s) = L(x, y) ⊗ G(x, y, s),
(8)

I = (IM + 0.5) · 2IE −136 .

(14)

B. Integer TMO for Local Operator
The integer TMO is defined as the TMO which is implemented with integer input and integer output. The integer TMO
defines new processes and replaces each tone mapping process
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Exponent data
Exponent data

Mantissa data

New Process

Exponent data

Mantissa data

Mantissa data

(c’) Scaled Luminance
The exponent part LE (x, y) and the mantissa part LM (x, y)
of the scaled luminance L(x, y) are calculated as

Decode Function
Eq.14

⌈
⌉
LE (x, y) = log2 (ALw (x, y)) + LwE (x, y) − L̄wE + 128 , (24)

Process of
Conventional TMO

⌊
⌋
LM (x, y) = ALw (x, y) · 2136+LwE (x,y)−LE (x,y)−L̄wE ,

Encode Functions
Eq.12-13
Exponent data

Mantissa data

ALw (x, y) = k ·

Fig. 2. A new process defined in the proposed integer TMO.

by them. These new processes are composite functions shown
in Figure 2. In the proposed TMO, the numerical range in the
processes is significantly reduced because the exponent part
and the mantissa part are separated as two integer numbers.
Note that this technique of the integer TMO works well
by using the proposed intermediate format. The technique
does not work well for the IEEE754 format because it has
denormalized numbers as well as the OpenEXR [9].
The proposed integer TMO converts RGB values C(x, y)
into the intermediate format at the first step. The exponent
parts CE (x, y) ∈ {RE (x, y), GE (x, y), BE (x, y)} and the
mantissa parts CM (x, y) ∈ {RM (x, y), GM (x, y), BM (x, y)}
are calculated as
CE (x, y) = ⌈log2 C(x, y) + 128⌉ ,
⌊
⌋
CM (x, y) = C(x, y) · 2136−CE (x,y) .

(19)

(b’) Geometric Mean
The exponent part L̄wE (x, y) and the mantissa part
L̄wM (x, y) of the geometric mean L̄w are derived as

SLwM =

The exponent VE (x, y, s) and mantissa VM (x, y, s) of
V (x, y, s) are defined as

where GE (x, y, s) and GM (x, y, s) are the exponent part and
the mantissa part of the Gaussian filter G(x, y, s), and ⊗ is
the convolution operator.
The method finds the largest scale sm which satisfies following condition
(WM (x, y, sm ) + 0.5) · 2WE (x,y,sm )−136 < ϵ,

where M L(x, y) is set to zero if RM (x, y) = GM (x, y) =
BM (x, y) = 0. LwE (x, y) and LwM (x, y) are also set to
zero in this case.

SLwE =

(LM (x, y) + 0.5) · 2LE (x,y)
. (29)
2136 + (VM (x, y, sm ) + 0.5) · 2VE (x,y,sm )

⊗(GM (x, y, s) + 0.5) · 2GE (x,y,s)−136 + 128⌋, (30)
VM (x, y, s) = ⌊(LM (x, y) + 0.5) · 2LE (x,y)
⊗(GM (x, y, s) + 0.5) · 2GE (x,y,s) ) · 2VE (x,y,s)−136 ⌋,(31)

(18)

L̄wE = ⌈SLwM + SLwE + 128⌉ ,
⌋
⌊
L̄wM = 2SLwM +SLwE −L̄wE +136 ,

(28)

(16)

(17)

,

F L(x, y) =

(27)

VE (x, y, s) = ⌊log2 ((LM (x, y) + 0.5) · 2LE (x,y)−136

0.67(GM (x, y) + 0.5) · 2GE (x,y) +
0.06(BM (x, y) + 0.5) · 2

LdE (x, y) = ⌈log2 (F L(x, y)) + 128⌉ ,
⌊
⌋
LdM (x, y) = F L(x, y) · 2136−LdE (x,y) ,

(15)

M L(x, y) = 0.27(RM (x, y) + 0.5) · 2RE (x,y) +
BE (x,y)

(26)

(d’) Display Luminance
The exponent part LdE (x, y) and the mantissa part LdM (x, y)
of the display luminance Ld (x, y) is calculated with a tone
mapping function. This calculation depends on the tone
mapping function to be used. Here, the local operator of
Eq. (11) is used as an example,

(a’) World Luminance
The exponent part LwE (x, y) and the mantissa part
LwM (x, y) of the world luminance Lw (x, y) are given as
LwE (x, y) = ⌈log2 M L(x, y) − 8⌉ ,
⌊
⌋
LwM (x, y) = M L(x, y) · 2−LwE (x,y) ,

LwM (x, y) + 0.5
.
L̄wM + 0.5

(25)

(20)
(21)

(32)

where
WE (x, y, si ) = ⌈log2 (|F W (x, y, si )|) + 128⌉ ,
⌊
⌋
WM (x, y, si ) = |F W (x, y, si )| · 2136−VE (x,y,s) ,

(33)
(34)

F W (x, y, si ) =
(VM (x, y, si ) + 0.5) · 2VE (x,y,si ) − (VM (x, y, si+1 ) + 0.5) · 2VE (x,y,si+1 )
.
2ϕ+136 α/s2 + (VM (x, y, si ) + 0.5) · 2VE (x,y,si )

(35)

M −1 N −1
1 ∑ ∑
(LwE (x, y) − 136) ,
M N x=0 y=0

(22)

M −1 N −1
1 ∑ ∑
log2 (LwM (x, y) + 0.5) .
M N x=0 y=0

However, these calculations of VE (x, y, s) and VM (x, y, s)
require high computational cost. The method can compute
these calculations efficiently by following steps.
First, the provisional exponent part VE′ (x, y, s) is calculated
as

(23)

VE′ (x, y, s) = max{GE (u, v, s) + LE (x − u, y − v)),
u = 0, 1, · · · A − 1, v = 0, 1, · · · , B − 1} − 136, (36)
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where A and B are the width and the height of the Gaussian filter, respectively. Next, the provisional mantissa part
′
VM
(x, y, s) is calculated as
′
VM
(x, y, s) =
A−1
∑ B−1
∑

′

(GM (u, v, s) + 0.5) · (LM (x − u, y − v) + 0.5) · 2SVM , (37)

inator as follows.
Case 1:If ϕ + 136 − VE (x, y, si ) > 16 in Eq. (44), ‘1’ in
the denominator and the numerator can be ignored because
the left part of the denominator is very large, and so it is
approximated as
F W (x, y, si ) ≈ −

u=0 v=0

′
= GE (u, v, s) + LE (x − u, y − v) − VE′ (x, y, s) − 136.
SVM

(38)

Then, VE (x, y, s) is obtained by adding a overflowed value
′
of VM
(x, y, s) to VE′ (x, y, s) as
′
O = ⌊log2 (VM
(x, y, s)) − 7⌋ ,

VE (x, y, s) = VE′ (x, y, s) + O.
Finally, VM (x, y, s) is obtained by
⌊ ′
⌋
VM (x, y, s) = VM
(x, y, s) · 2−O .

1−

CI (x, y) =
(
)
round RL(x, y) · 2CE (x,y)+LdE (x,y)−LwE (x,y)−136 · 255 ,
(42)
(LdM (x, y) + 0.5)(CM (x, y) + 0.5)
RL(x, y) =
.
(43)
LwM (x, y) + 0.5
In the above processes, the input and output data of each
calculation are all 8-bit integer data. The memory cost can
be reduced by using integer data. The next section describes
fixed-point implementation of the method.
IV. F IXED -P OINT I MPLEMENTATION
In the integer TMO, only the data is converted to integer,
and the memory cost is reduced. However, the internal arithmetic of the integer TMO is still with floating-point. This
section describes the way to execute the internal arithmetic
with fixed-point arithmetic. The proposed method introduces
fixed-point arithmetic to reduce the computational cost as well.
Most of equations can be calculated with fixed-point arithmetic because each variable is expressed in 8-bit integer [11].
Nevertheless, Eq. (35) is difficult to be calculated without
floating-point arithmetic because the numerical range can be
very wide. Eq. (35) is used to find the scale sm . The equation
does not affect on the pixel values directly. Therefore, the
method calculates it by branching and approximation. First,
the method deforms Eq. (35) as follows
1

F W (x, y, si ) ≈

(40)

(e’) LDR Image Generation
The 24-bit color RGB value CI (x, y) of the resulting LDR
image is obtained by

F W (x, y, si ) =

Case 2:If ϕ + 136 − VE (x, y, si ) < −16 in Eq. (44), the
left part of the denominator can be ignored because it is very
small, and so it is approximated as

(39)

(41)

i+1 )+0.5
VE (x,y,si+1 )−VE (x,y,si )
− VVMM(x,y,s
(x,y,si )+0.5 · 2
2
α/s
ϕ+136−VE (x,y,si ) + 1
VM (x,y,si )+0.5 · 2

(44)
Furthermore, the method branches Eq. (44) into three cases
and approximates it based on the power of two in the denom-

VM (x, y, si+1 ) + 0.5 VE (x,y,si+1 )−ϕ−136
·2
.
α/s2
(45)

VM (x, y, si+1 ) + 0.5 VE (x,y,si+1 )−VE (x,y,si )
·2
.
VM (x, y, si ) + 0.5

(46)

Case 3:Otherwise, it can be calculated with fixed-point
arithmetic.
In addition, the method uses pre-calculated tables for calculations of 2x (in Eq. (21)) and log2 (in Eq. (23)). Each table
consists of 16 × 256 bits.
The method can calculate all equations of the TMO with
only fixed-point arithmetic by these branching, approximation,
and tables. Note that the conventional method [1] consists of
floating-point data and floating-point arithmetic. In contrast,
the proposed method consists of integer data and fixed-point
arithmetic.
V. E XPERIMENTAL R ESULTS
In this section, the proposed method with the intermediate format and the conventional method [1] with floatingpoint numbers were compared. The peak signal-to-noise ratio
(PSNR) and the structural similarity index (SSIM) [21] of the
resulting LDR images were measured to evaluate the accuracy
of the proposed method. Moreover, the memory space and
processing time comparisons between the methods were also
performed. The 32 HDR images in the RGBE format, 42 HDR
images in the OpenEXR format, and 74 HDR images in the
long-integer (16-bit) format were used in these experiments.
The conventional method was executed with 64-bit floatingpoint arithmetic. On the other hand, the proposed method was
executed with 32-bit fixed-point arithmetic. All floating-point
numbers were computed and stored in the IEEE754 doubleprecision (64-bit) format. The parameters ϕ = 8, ϵ = 0.05,
and α = 0.5 were used.
A. Tone Mapped LDR Image Quality
Table I shows the maximum, minimum, and average PSNR
and average SSIM. In all cases, high PSNR and SSIM values
were obtained in the proposed method. It was confirmed that
effects of the errors due to fixed-point arithmetic on the image
quality were sufficiently small. Moreover, the method offered
high quality LDR images with various HDR image formats.
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VI. C ONCLUSION

TABLE I
T HE MAXIMUM ,

MINIMUM , AND AVERAGE PSNR AND THE AVERAGE
SSIM OF THE METHODS .

RGBE
OpenEXR
Long-integer

PSNR [dB]
Maximum Minimum
54.36
46.56
61.08
39.95
59.04
43.63

TABLE II
T HE MEMORY SPACE OF THE CONVENTIONAL METHOD [1]
PROPOSED METHOD .

The data used in
the methods
HDR RGB Value
World Luminance
Geometric Mean
Scaled Luminance
Display Luminance
Gaussian Filter

This paper proposed a local TMO with fixed-point arithmetic and low-memory. The proposed method processes the
exponent part and the mantissa part of an HDR image separately as two 8-bit integer numbers; the numerical range
in the tone mapping process is greatly reduced. From this,
the method can be implemented with fixed-point arithmetic
and low-memory. The experimental results confirmed that
the method reduces the memory and computational cost, and
offers high quality of tone mapped images comparable to the
conventional method.

SSIM
Average
50.52 0.9992
51.48 0.9991
52.27 0.9989

AND THE

Memory Space [bits]
Conventional [1]
Proposed
M × N × 192
M × N × 48
M × N × 64
M × N × 16
64
16
M × N × 64
M × N × 16
M × N × 64
M × N × 16
A × B × 64
A × B × 16

Conventional

R EFERENCES

238.9

Proposed

153.4

0

50

100

150

200

250

300

Processing time [s]

Fig. 3. The processing time of the proposed method and the conventional
method [1].

B. Memory Space
Table II shows the memory space of each calculation with
M × N sized HDR image and A × B sized Gaussian filter. It
indicates that the proposed method reduces memory resources
compared to the conventional method [1]. The memory space
of the proposed method is 75% less than the conventional
method [1].
C. Comparison of the Processing Time
This experiment applied tone mapping for an HDR image with 346 × 512 pixels in the OpenEXR format using
the proposed method with fixed-point arithmetic and the
conventional method [1] with floating-point arithmetic. The
experimental environment was with Marvell PXA270 ARM
Processor 624MHz and 128MB RAM. Note that this processor
does not have a FPU.
Figure 3 compares the processing time of the methods. The
proposed method was 1.6 times faster than the conventional
method. Therefore, this experiment confirmed that the proposed method reduced the computational cost by using fixedpoint arithmetic.
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